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The n' root of a prime number cannot be the root of an
equation of degree less than n with rational coefficients.

By Davip Mair.

Suppose possible the relation
1 2 n—1

ay+ alp;+ a,p'; Foieenn a,,,_lpT =0

where n is an integer and a,, a,, ...... a,_,, p are rational.

If p is fractional = % put p =% ; then by multiplying through-
out by a suitable integer we get a relation of the above form in
which all symbols represent integers.

If a, contained a factor p the equation could be reduced to the

1 n—2 n—1
A+ a,pt+ ... a, . p" +ap" =0;
suppose such reduction to have been carried out so that the first
term does not contain p.

form

The relation may be put in the various forms

1 nel

a, +a, 7¢T+ ......... +a,p* =0
L -l
G P+ + el +a,.p" =0
1 n
P Fap.pt+ ... +ap” =0;
1 2

whence by eliminating P Py e

a, a Boornnnnnn. a,
G, 2P ag T A a,_,
Qp 2P @3 Gyoerenenn. a, 5, | T 0.
ap ap AGP........ a,
The only term of the determinant not containing p is a,* ;
a+pM=0.

From which it follows that if p is a product of prime factors, all
different, a, is a multiple of p.

Hence the assumed relation can not be true if p is a prime
number or a product of different primes.
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